A NOTE ON PRICE SYSTEMS IN INFINITE DIMENSIONAL SPACE* BY EDWARD C. PRESCOTT AND ROBERT E. LUCAS, JR.
DEBREU [2] , under certain assumptions, proves that any valuation equilibrium is a Pareto optimum and conversely. A valuation equilibrium is a resource allocation and a pricing scheme such that no consumer can be made better off without spending more and no producer can make a larger profit. Mathematically, a pricing scheme is a continuous, linear functional defined on the space of commodities. If the commodity space is finite dimensional, such a functional may always be written as an inner product p'z, where both p and z are elements of the commodity space. In this case, the i-th component of p has the natural interpretation as the price of the commodity represented by the i-th component of z. If the commodity space is not finite dimensional, however, no such general "representation theorem" is available.
The purpose of this note is to develop inner product representations of pricing schemes for two particular cases, one in which economic activity takes place over an infinity of discrete periods, and one in which uncertainty is present.' For the former, the value of a commodity point is shown to be the sum of the values of each of its countable infinity of components. For the latter, the commodity points are functions specifying quantities conditional on the uncertain state of nature u and the pricing scheme has the form of an expectation E[p(u)z(u)]. In both cases, this is achieved by the addition (to the assumptions used in [2] ) of two easily interpreted and verified assumptions: one to the effect that consumption and production can be truncated, and one to the effect that consumers discount consumption in distant or improbable states. 
xi(t) >i x? . This contradiction to (2.2) establishes (3.4). Suppose for xi E Xi that xi > xQ and p(xi) < v(x?). For t sufficiently near zero p[xi(t)] < v(x?). For n sufficiently large then V[Xi(t)n] = p[xi(t)] < v(x?)
given Lemma 1 while x,(t)n >i x? and X,(t)n C XI given III and IV. This contradiction to (3.4) proves (3.5). 
Suppose

UNCERTAINTY
In this section, we consider a particular specification of the spaces Lt applicable to economic systems in which the future is uncertain. Let (Ut, ,t, Pt) be a probability space, where Ut has the interpretation as the set of possible "states of the world" up to and including period t, and Pt is a probability measure governing the occurrence of these states. The period-t commodity space Lt Roughly speaking, V supplements III by requiring that conditionally truncated elements of consumption (or production) sets also belong to consumption (production) sets, provided the truncation probability is sufficiently small. Assumption VI supplements IV by requiring that a consumption sequence with a sufficiently low probability of truncation is nearly as good as the same sequence not truncated.
We first prove 
AN EXAMPLE
The function of Assumptions IV and VI was to impose a continuity requirement on preferences beyond continuity in the norm of the space. In this section, we provide a simple example illustrating the need for some continuity requirement of this sort.
Consider a single period, where trading is completed prior to the realization of a random variable u, assumed to be uniformly distributed on the unit interval. The production set is Y = {y: 0 < y(u) < 1 + u}.
There is a single consumer, whose consumption set is 
